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Denote by 𝜔𝜔 the set of natural sequences endowed with the partial
order: 𝑓 ≤ 𝑔 iff 𝑓 (𝑛) ≤ 𝑔(𝑛) for all 𝑛 ∈ 𝜔. We say that a uniform space
𝑋 has a 𝔊-base if its uniformity 𝒰(𝑋) admits a base of entourages
(𝑈𝛼)𝛼∈𝜔𝜔 such that 𝑈𝛽 ⊂ 𝑈𝛼 for all elements 𝛼 ≤ 𝛽 in 𝜔𝜔. By 𝐶𝑢(𝑋)
we denote the space of all uniformly continuous real-valued func-
tions on 𝑋 endowed with the pointwise partial order.

Theorem The free locally convex space L𝑢(𝑋) of a uniform space 𝑋 has
a local 𝔊-base if and only if the uniformity 𝒰(𝑋) of 𝑋 has a
𝔊-base and the poset 𝐶𝑢(𝑋) is 𝜔𝜔-dominated.

Similar sufficient conditions are found which imply that the free lin-
ear topological space V𝑢(𝑋) of a uniform space 𝑋 has a local 𝔊-base.

Theorem If the free locally convex space L(𝑋) of a 𝑘-space 𝑋 has a local
𝔊-base, then the double function space with the compact-open
topology 𝐶𝑘(𝐶𝑘(𝑋)) has a local 𝔊-base, too.

The talk is based on the results of preprints [1], [2], [3].
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